In [5] and [9] , A. M. Gleason, J. P. Kahane and W. Zelazko gave independently the following characterization of maximal ideals: Let A be a commutative Banach algebra with unit element. Then a linear subspace M of codimension 1 in A is a maximal ideal in A if and only if it consists of noninvertible elements, or equivalently, each element of M belongs to some maximal ideal. This interesting result as first proved depended on the Hadamard Factorization Theorem.
This characterization of maximal ideals was extended in [15] and [16] to algebras without identity. In [16] , C. R. Warner and R. Whitley also gave a characterization of ideals of finite codimension in L\R) and C[0,1]. They showed: Let A be any one of L\R) and C (5) , where S is a compact subset of R. If M is a closed subspace of codimension n in A with the property that each element in M belongs to at least n regular maximal ideals, then M is an ideal. In fact, M is the intersection of n regular maximal ideals. Also in [16] , C. R. Warner and R. Whitley suggested the following question: For what locally compact abelian group G does L\G) have the property of L\R) described above?
In this paper, we partially answer this question and generalize the work of C. R. Warner and R. Whitley. In this paper, two methods are introduced; One uses the Baire category theorem and the other generalizes the ideas of Theorems 2 and 4 in [16] EXAMPLE 2. Any of the following spaces has the property described in Theorem 1: 9 where G is a metrizable compact abelian group; l p , 1 <p < oo, and c 0 (cf. [1, 2, 4, 7, 8, 10, 11, 12, 14] = 0 has n distinct solutions in s. By Cramer's rule, we find that λ 0 , λ,,... ,λ Λ -i are all pure imaginary. Combining these two results we find that all λ y 's are zero. This shows that m* is in M.
We know that EXAMPLE 5. Any of the following spaces has the property described in Theorem 4:
, or any normed ideal in L\G) which is invariant under involution, where G is either a metrizable compact abelian group or the direct product of the real line R and a metrizable compact abelian group; l p 9 1</?<OO, and C o (5), where 5 is any closed subset of R X Z°°.
Example 5 follows immediately from the following lemma: LEMMA 
The following two types of algebras have the property described in Theorem 4: (i) Any normed ideal in L λ (G) which is invariant under involution, where G is a metrizable compact abelian group or the direct product of R and such a G.
(ii) C 0 (S), where S is any closed subset ofRXZ 00 .
Proof. Let A be a normed ideal in L\G) which is invariant under involution, where G is either a metrizable compact abelian group or the direct product of the real line R and a metrizable compact abelian group. From Theorems 2.2.2 and 2.2.6 in [12] we find that Γ is of the form Γ, X Γ 2 , where Γ, is {0} or R and Γ 2 is countable. Write Γ 2 as {γ 1? γ 2 ,...}. Define a function φ on Γ as follows:
then φ is a one-to-one real-valued function on Γ.
Choose an integrable function h 0 on G with the following property:
It is well-known that Γ is sigma-compact, say 
The definition of G x can be found in [13, pp. 132] . It remains to show (ii). Let S be any closed subset of the space R X Z 00 . From Theorem XI.6.5 in [3] we find that S is locally compact. It is well-known that R X Z 00 is the dual group of R X T ω . (See [12, §2.2] .) Take G = R X T ω and define φ and h 0 as above. Denote the restriction of λ 0 on S by/ 0 and the restriction of φ on S by itself, then/ 0 E C 0 (S), / 0 is never zero, φ is one-to-one and real-valued and f o φ J E C 0 (S) for ally. (Here we use the assumption that S is closed.) We have completed the proof.
The problem of characterizing the ideals of finite codimension for L\R 2 ) and C(D) 9 D the closed unit disk, raised in [16] remains open.
